Abstract: Fast tool servos (FTS) for single point diamond turning are widely employed for machine optical free-form surfaces. A FTS with a large stroke and a high bandwidth can increase the efficiency of a machine and complexity of a work-piece. In this paper, a FTS driven by a Maxwell electromagnetic actuator is developed to obtain a relatively large stroke and high bandwidth. In this study, a multi-objective optimization model is proposed based on the whole system by considering electromagnetic driving principles, kinematic model, and mechanical model. The proposed optimization model can be applied to solve the parameters of electromagnetic actuators with diverse application requirements. A sequential quadratic programming (SQP) algorithm is implemented to solve the problem. The optimization results are verified through both finite element analysis and experiments. The optimized FTS can produce 49.55 µm of full stroke with a frequency response of 3.2 kHz.
Introduction
Optical free-form surfaces are increasingly used in various areas, such as the aerospace, energy, and life science. The single-point diamond turning method based on the fast tool servo (FTS) system is widely adopted due to the advantages of high accuracy and superior process efficiency [1] . A wide variety of FTSs exist which employ different types of actuators [2] . These FTSs provide different strokes and bandwidths. The stroke of a FTS determines the non-rotationally symmetric component of a desired surface, while the bandwidth determines the productivity, surface complexity, and even the materials that can be processed by the machine [3] . A FTS with a larger stroke (several millimeters) and a higher bandwidth (several thousands of hertz) is necessary to process more complex surfaces of higher amplitude with machines. However, in reality, a large stroke and high bandwidth cannot be implemented at the same time. Therefore, different types of FTSs with different strokes and bandwidths were designed.
FTSs driven by piezoelectric actuators (PZT-FTS) [4, 5] , FTSs driven by Lorentz forces in the voice-coil motor (VCM-FTS) [6, 7] and FTSs driven by Maxwell electromagnetic actuators (MEA-FTS) [8, 9] have been widely studied by researchers. Based on different driving methods, different types of flexure-based mechanisms-such as flexure hinges, leaf springs, and levers-were applied to realize FTSs with specific strokes and bandwidths. Many researchers investigated optimization methods to solve the parameters of the flexures in their specialized FTSs [10] [11] [12] [13] [14] .
Zhu et al. developed a two-dimensional FTS, which can obtain better profile accuracy and surface quality due to its novel adaptive tool servo (ATS) diamond turning method [10] . Yang et al. employed a commercialized PZT actuator to create their FTS [11] . A flexure optimization was performed based on the finite analysis model of commercial software ANSYS in their design. The optimized FTS was able to produce a stroke of 24.6 μm at a first resonant frequency of 2192 Hz. Zhu et al. fulfilled their requirements for a FTS by optimizing the parameters of a flexure hinge with the multi-objective method based on the differential evolution algorithm [12] . Their FTS produced a stroke of 10.25 μm with a first resonant frequency of 2000 Hz. Zhuang et al. proposed a multiobjective topology optimization method for the design of a compliant mechanism, with the proposed design showing better performance by increasing the effective stroke of FTS in addition to improving the stiffness in the vertical (main cutting force) and horizontal (feed force) directions [13] . Rakuff et al. used finite element analysis to optimize the parameters of their specially designed leaf flexure before adjusting the damping ratio of the FTS system with special experiments [14] . Their FTS completed ultra-precision machining successfully due to its characteristics of a 2 mm stroke and a bandwidth of 140 Hz. Most researchers focused on optimizing the design of flexures rather than the whole FTS system. However, a typical FTS system consists of both flexures and the actuator producing a driving force as well as the transmission unit. The ultimate performance of FTS depends on the whole system. Hence, both the optimization results and the ultimate performance of the optimized FTS are affected.
A survey of the literature shows that the optimizations of FTS structure were focused on flexures, despite flexures being only one part of the FTS system. The actuator, the tool holder, and other parts have not been considered for optimization in these studies, meaning that previous optimization was not based on the whole system. Thus it can be suggested that FTS has not been fully optimized and its best performance has not been reached.
Compared to PZT-FTS with the limitation of small stroke and VCM-FTS with the limitation of low bandwidth, the MEA-FTS can implement FTS at a larger stroke compared to PZT-FTS (at the same bandwidth) and a higher bandwidth compared to VCM-FTS (at the same stroke) [15, 16] . According to a series of surveys, a fast tool servo driven by the electromagnetic actuator has the ability to obtain a relatively larger stroke and higher bandwidth compared to PZT-FTS and VCM-FTS. Figure 1 shows the characteristics of a series of FTSs. It shows the advantages of MEA-FTS. Similar conclusions have also been reported by Lu and Xie [15, 16] . In this paper, MEA-FTS is studied and a multi-objective optimization model is built based on the driving model of electromagnetic actuator, mechanical structure, and kinematic model. The optimal parameters of the electromagnetic model and mechanical structure are solved. A generalized optimization model of MEA-FTS is proposed and the optimization model can be applied to many types of FTS at a variety of strokes and frequencies. 
Materials and Methods

Construction of MEA-FTS Model
Electromagnetic Driving Model
A 3D-model of MEA-FTS is shown in Figure 2 . MEA-FTS consists of three parts: the frame, electromagnetic part, and moving part. The electromagnetic part produces the actuating force on the armature, while the moving part transforms the actuating force into specific movements.
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Materials and Methods
Construction of MEA-FTS Model
Electromagnetic Driving Model
A 3D-model of MEA-FTS is shown in Figure 2 . MEA-FTS consists of three parts: the frame, electromagnetic part, and moving part. The electromagnetic part produces the actuating force on the armature, while the moving part transforms the actuating force into specific movements. The magnetic part consists of yokes, coil windings, a permanent magnet, armature, and air gaps between the yokes and armature. The magnetic part is a rotationally symmetrical 2D-model, which is shown in Figure 3 . This magnetic part is used to analyze the electromagnetic principles. The permanent magnet produces a magnetic flux, which is shown in Figure 3 as the biasing flux. The exciting flux, shown in Figure 3 , is produced by currents in the coil windings. MEA-FTS is driven by the Maxwell electromagnetic force, which involves the electromagnetic tension in air gaps [13] . The magnetic field in both air gaps consists of a flux density (BB) excited by the permanent magnet and a flux density (BE) excited by the currents in coil windings. Assuming that the flux density in yokes is not saturated, we define the Maxwell electromagnetic force acting on the left side of armature as Fl; the Maxwell electromagnetic force acting on the right side of armature as Fr; the flux density in the left air gap as Bl; and the flux density in the right air gap as Br. The magnetic fields in both air gaps are consistent with the superposition theorem. Therefore, we can conclude the following: Br = BBr + BE and Bl = BBl − BE. We define BBr as the flux density excited by the permanent magnet in the right air gap and BBl as the flux density excited by the permanent magnet in the left air gap. When the displacement of the armature is z, the actuating Maxwell force can be calculated according to the equation [17] ( ) 
where z0 is the air gap when the armature is in the middle of the model; z is the displacement of the armature (unit: m); BB is the magnetic flux density generated by the permanent magnet (unit: T); S is the yoke pole face area at each working gap (unit: m 2 ); μ0 is the permeability of air (μ0 = 4π × 10 −7 N/A 2 ); N is the number of turns in the coils; and I is the exciting current (unit: A). The magnetic part consists of yokes, coil windings, a permanent magnet, armature, and air gaps between the yokes and armature. The magnetic part is a rotationally symmetrical 2D-model, which is shown in Figure 3 . This magnetic part is used to analyze the electromagnetic principles. The permanent magnet produces a magnetic flux, which is shown in Figure 3 as the biasing flux. The exciting flux, shown in Figure 3 , is produced by currents in the coil windings. MEA-FTS is driven by the Maxwell electromagnetic force, which involves the electromagnetic tension in air gaps [13] . The magnetic field in both air gaps consists of a flux density (B B ) excited by the permanent magnet and a flux density (B E ) excited by the currents in coil windings. Assuming that the flux density in yokes is not saturated, we define the Maxwell electromagnetic force acting on the left side of armature as F l ; the Maxwell electromagnetic force acting on the right side of armature as F r ; the flux density in the left air gap as B l ; and the flux density in the right air gap as B r . The magnetic fields in both air gaps are consistent with the superposition theorem. Therefore, we can conclude the following: B r = B Br + B E and B l = B Bl − B E . We define B Br as the flux density excited by the permanent magnet in the right air gap and B Bl as the flux density excited by the permanent magnet in the left air gap. When the displacement of the armature is z, the actuating Maxwell force can be calculated according to the equation [17] 
where z 0 is the air gap when the armature is in the middle of the model; z is the displacement of the armature (unit: m); B B is the magnetic flux density generated by the permanent magnet (unit: T); S is the yoke pole face area at each working gap (unit: m 2 ); µ 0 is the permeability of air (µ 0 = 4π × 10 −7 N/A 2 ); N is the number of turns in the coils; and I is the exciting current (unit: A). The formula of the maximum driving force should be derived to estimate the stroke of MEA-FTS. According to Equation (1), the maximum driving force can be derived through Equation (2) ( )
The actuating force reaches its maximum when the flux density in the yoke becomes saturated (B = Bsat, where Bsat is the saturated flux density) with maximum displacement of the armature (z = z0, where BBr = BBl). We define the outer radius of the armature as r2 and the inner radius of armature as r1. Therefore, the yoke pole face area at each working gap is S = π(r2 2 -r1 2 ). The maximum actuating force can be derived as Equation (3)
According to Equation (3), the maximum driving force is proportional to the squared value of Bsat squared. Thus, the Kool Mμ is chosen according to the magnetic material of the yokes and armature. The saturation flux density of Kool Mμ is 1.4 T, while the relative permeability is 125.
Mechanic Model
FTS systems driven by electromagnetic actuators have the potential to achieve a relatively larger stroke and higher bandwidth, but proper flexure designs play an important role in obtaining better performance. Two symmetric leaf flexures are applied in the mechanical design model in order to compensate thermal variations and mechanical disturbances. The moving part of the MEA-FTS, shown in Figure 4 , consists of the armature, two symmetric leaf flexures, a connector, and a specially designed tool holder. The armature driven by the Maxwell electromagnetic force produces displacement, with flexures and the tool holder being connected to armature by the connector. The eight feet of the two flexures are fixed on the frames through bolts. When the armature is driven by the Maxwell electromagnetic force, the force passes to the flexures, resulting in elastic deformation. Following this, the displacement force is passed onto the diamond tool. The formula of the maximum driving force should be derived to estimate the stroke of MEA-FTS. According to Equation (1), the maximum driving force can be derived through Equation (2)
The actuating force reaches its maximum when the flux density in the yoke becomes saturated (B = B sat , where B sat is the saturated flux density) with maximum displacement of the armature (z = z 0 , where B Br = B Bl ). We define the outer radius of the armature as r 2 and the inner radius of armature as r 1 . Therefore, the yoke pole face area at each working gap is S = π(r 2 2 -r 1 2 ). The maximum actuating force can be derived as Equation (3)
According to Equation (3), the maximum driving force is proportional to the squared value of B sat squared. Thus, the Kool Mµ is chosen according to the magnetic material of the yokes and armature. The saturation flux density of Kool Mµ is 1.4 T, while the relative permeability is 125.
FTS systems driven by electromagnetic actuators have the potential to achieve a relatively larger stroke and higher bandwidth, but proper flexure designs play an important role in obtaining better performance. Two symmetric leaf flexures are applied in the mechanical design model in order to compensate thermal variations and mechanical disturbances. The moving part of the MEA-FTS, shown in Figure 4 , consists of the armature, two symmetric leaf flexures, a connector, and a specially designed tool holder. The armature driven by the Maxwell electromagnetic force produces displacement, with flexures and the tool holder being connected to armature by the connector. The eight feet of the two flexures are fixed on the frames through bolts. When the armature is driven by the Maxwell electromagnetic force, the force passes to the flexures, resulting in elastic deformation. Following this, the displacement force is passed onto the diamond tool. When the MEA-FTS is used for machining, the moving part of MEA-FTS will be subjected to two forces: the Maxwell electromagnetic force acting on the armature and the cutting force acting on the diamond tool. The force diagram is shown in Figure 4 . In ultra-precision machining, the depth of cut is commonly very shallow (1-3 μm during the finishing cut) and thus, the cutting force (smaller than 10 N) can be neglected as being trivial compared to the driving force [18] . Thus, we ignore the effect of the cutting force during optimization of the design of the moving and electromagnetic parts of MEA-FTS in this study.
The effects of stroke, bandwidth, and rising time are determined by the mechanical stiffness. Assuming that the leaf flexures deform within the range of elastic deformation (the assumption is guaranteed through constraints) and according to Hooke's law, the mechanical model of MEA-FTS is a cantilever structure. Therefore, the stiffness of MEA-FTS can be obtained by [19] 
where E is the Young's modulus of leaf flexures; while l, b, and t represent the length, width, and thickness of the flexure, respectively.
Driving Response Model
Assuming that MEA-FTS is a quadratic damping system, an equivalent kinematic model of MEA-FTS can be obtained, which is shown in Figure 5 . Assuming that the damping coefficient is μ, the weight of the movement part in the system is m and according to Newton's law, the dynamic equilibrium equation of the actuator at time t can be obtained using the equation
where z(t) is the displacement of armature at time t. Assuming that the deformation of connectors is zero, the displacement of the tool is z(t); z′′ = d 2 z(t)/dt 2 is the acceleration of the moving part; and z′ = dz(t)/dt is the velocity of the moving part. When the MEA-FTS is used for machining, the moving part of MEA-FTS will be subjected to two forces: the Maxwell electromagnetic force acting on the armature and the cutting force acting on the diamond tool. The force diagram is shown in Figure 4 . In ultra-precision machining, the depth of cut is commonly very shallow (1-3 µm during the finishing cut) and thus, the cutting force (smaller than 10 N) can be neglected as being trivial compared to the driving force [18] . Thus, we ignore the effect of the cutting force during optimization of the design of the moving and electromagnetic parts of MEA-FTS in this study.
Assuming that MEA-FTS is a quadratic damping system, an equivalent kinematic model of MEA-FTS can be obtained, which is shown in Figure 5 . Assuming that the damping coefficient is µ, the weight of the movement part in the system is m and according to Newton's law, the dynamic equilibrium equation of the actuator at time t can be obtained using the equation
where z(t) is the displacement of armature at time t. Assuming that the deformation of connectors is zero, the displacement of the tool is z(t); z = d 2 z(t)/dt 2 is the acceleration of the moving part; and z = dz(t)/dt is the velocity of the moving part. When the MEA-FTS is used for machining, the moving part of MEA-FTS will be subjected to two forces: the Maxwell electromagnetic force acting on the armature and the cutting force acting on the diamond tool. The force diagram is shown in Figure 4 . In ultra-precision machining, the depth of cut is commonly very shallow (1-3 μm during the finishing cut) and thus, the cutting force (smaller than 10 N) can be neglected as being trivial compared to the driving force [18] . Thus, we ignore the effect of the cutting force during optimization of the design of the moving and electromagnetic parts of MEA-FTS in this study.
where z(t) is the displacement of armature at time t. Assuming that the deformation of connectors is zero, the displacement of the tool is z(t); z′′ = d 2 z(t)/dt 2 is the acceleration of the moving part; and z′ = dz(t)/dt is the velocity of the moving part. Following this, the transient response of the MEA-FTS can be deduced as [20] 
where,
The first-order resonant frequency of the system can be expressed as [21] 
The response time of the system can be expressed as
The response time reflects the response speed of MEA-FTS. The response time determines the controlling bandwidth if the system has a closed-loop control. The bandwidth is inversely related to the response time. Based on Equations (7) and (8), the response time t d is linearly related to the reciprocal of the first-order resonant frequency f. Optimization of either will obtain the optimized bandwidth of MEA-FTS. Moreover, the first-resonant frequency should be the priority, because severe damage will occur at the first-resonant frequency. Thus, the bandwidth of the system will be measured as the first-order resonant frequency in this paper.
Construction and Implementation of Optimization Model Objective Functions of the Problem
The machining characteristic of a FTS depends on its stroke and bandwidth. The stroke of a FTS determines the sagittal height of a free-form surface, while the bandwidth determines the machining speed and surface complexity. Therefore, in the optimization design, a MEA-FTS with a larger stroke and higher bandwidth would be ideal to obtain.
Substituting Equations (1) and (4) into the equations of Hooke's law, the stroke of the MEA-FTS can be obtained by
where, r 2 is the outer diameter of the armature; and r 1 is the inner diameter of the armature. According to the analysis of Section 2.1.3 and Equation (7), the first-resonant frequency of MEA-FTS can be expressed as
where, t a is the thickness of armature, ρ is the density of magnetic material. According to Equations (9) and (10), it is concluded that stroke and bandwidth are interrelated. Furthermore, both of them are affected by dimensions of the armature and the dimensions of the designed flexure. Most of the parameters (e.g., r 2 , r 1 , t, b, l) have counter effects on the stroke and bandwidth. For example, the parameters of r 2 and l should be as large as possible to obtain a larger stroke, however larger parameters of r 2 and l will lead to smaller bandwidth. Thus it is impossible to obtain an FTS with large stroke and high bandwidth. There must be a trade-off between the stroke and bandwidth. Therefore, the maximum stroke and maximum bandwidth are set as goals. In order to solve the problem easily, the objective functions are written as
Therefore, the maximum stroke and maximum bandwidth are set as goals. In order to solve the problem easily, the objective functions are written as 3  0  3  2  1  2  2  2  3  6  5  4   2  2  2  1  0   2  3  2  2  2  2  1  0  3 min (x): x R , ( ) ( ( ), ( ))
where x = (x6, x5, x4, x3, x2, x1) T = (r2, r1, l, b, t, ta) are the decision variables; while F1(x) and F2(x) are continuously differentiable (highly non-linear) functions in their defined domain. All the decision variables are annotated in Figure 6 . 
Constraints of the Problem
In the optimization model, the variables should be solved under several constraints. These constraints are considered from several aspects as follows:
(1) Allowable stress of flexure The kinematic model is constructed based on the elastic deformation assumption. Therefore, an inelastic deformation should be avoided. The stress constraint inequality can be expressed as
where σmax is max stress in the flexure, σlim is the allowable stress of material, and ns1 is a safety factor.
(2) Magnetic dimensional constraints
In this design, the Maxwell electromagnetic force is established under the conditions that the magnetic field in the working gaps are distributed uniformly, and the flux lines are in accord with the magnetic circuits. Assuming that the thickness of armature is ta, the constraint inequalities are 
where ns2, ns3 are the safety factors; while lfr is the length of gap between the armature and permanent magnet.
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Constraints of the Problem
where σ max is max stress in the flexure, σ lim is the allowable stress of material, and n s1 is a safety factor.
In this design, the Maxwell electromagnetic force is established under the conditions that the magnetic field in the working gaps are distributed uniformly, and the flux lines are in accord with the magnetic circuits. Assuming that the thickness of armature is t a , the constraint inequalities are
where n s2 , n s3 are the safety factors; while l fr is the length of gap between the armature and permanent magnet. In the mechanical design, the dimension and processing constraints should also be considered. Due to the dimensions of our sensor used for measuring the displacement of the tool holder, the inner radius of the armature should be larger than 5 mm. Thus, the constraint inequality should be (5 − r 2 ) ≤ 0. Obviously, the outer radius of the armature should be larger than its inner radius. Thus, the constraint inequality should be (r 2 − r 1 ) ≤ 0. Due to the processing technology of the magnetic material, the outer radius of the armature should be smaller than 30 mm. Thus, the constraint inequality should be (r 1 − 30) ≤ 0. Considering the processing technology and difficulty of fabrication, the thickness of flexure is restricted to being larger than 0.5 mm. Thus, the constraint inequality should be t ≥ 0.5. With the limitation for the dimensions of both the sensor and diamond turning machine, the length of flexure is restricted to be within the range of 10 mm to 50 mm. Thus, the constraint inequality should be 10 ≤ l ≤ 50.
In general, the constraint inequalities of the problem are
where
Construction of Optimization Model
In the optimization model for MEA-FTS, the stroke and bandwidth are chosen as the optimization objectives. Both the stroke and the first-resonant frequency depend on the parameters of the magnetic circuit structure, flexure structure, and dimensions of the armature [22] . The flexure dimensions (b, l, and t), the armature dimensions (r 1 and r 2 ) and the magnetic circuit dimensions (t a ) are the decision variables. The optimization problem (11) can be described as min
where F(x) is a continuous function mapping from 6D real space to a 2D real space; and G(x) is a continuous function mapping from a 6D real space to a 9D real space. The definition domain of the problem should be {x:|x 6 = x 5 , x 4 = 0, 2·E·x 3 ·x 2 3 ·y 0 =B B ·x 4 3 }. Thus, F(x) is a non-linear continuous function, while G(x) is also a non-linear continuous function. We define f * and δ* as the expected bandwidth and stroke, respectively. The MEA-FTS optimization problem concerns the minimization of a set of objectives while simultaneously satisfying all types of constraints. The objective function is consisted of two non-linear functions. Both are the multi-variable functions of the same parameters for MEA-FTS. The MEA-FTS optimization problem addresses the problem of reducing two non-linear functions below two goals. The design parameters of the magnetic structure and mechanical structure can be obtained. The optimization problem of MEA-FTS is a non-linear multi-objective optimization problem with several constraints. In this paper, we propose that the original problem can be solved through the SQP (sequential quadratic programming) algorithm after reformulation of the problem.
Implementation of the Problem
Reformulation of the Problem
In this paper, the SQP algorithm is adopted to solve the problem. The goal attainment problem formulation allows the objectives to be overachieved. Therefore, the mechanical dimensions can be relatively imprecise when related to the calculated solutions. This advantage allows for the design of mechanical structures with the consideration of limitation of equipment and processing technique [23] . Therefore, the problem is reformulated as a goal attainment problem. We define weighting ratios as W = [W 1 , W 2 ], with the problem then being reformulated as
Following this, the problem can be solved using the SQP algorithm. The SQP algorithms represent in the state-of-the-art thinking in non-linear programming algorithms. This type of algorithm has superior performance in terms of efficiency, accuracy, and success [24, 25] . Equation (16) concerns the minimization of a set of objectives while simultaneously satisfying all types of constraints. The objective function consists of two non-linear functions. Both are the multi-variable functions of the same parameters for MEA-FTS. The inequalities of constraints are non-linear. SQP algorithm has advantages to solve nonlinear constrained optimization problems due to the super-linear and quadratic convergence rate of sequential quadratic programming algorithm [26] . The MEA-FTS optimization problem addresses the problem of reducing two non-linear functions to stay below two goals. The design parameters of the magnetic structure and mechanical structure can be obtained. The optimization problem of MEF-FTS is a non-linear multi-objective optimization problem with several constraints. In this paper, we solve our problem using the SQP method combined with the active set technology [27] .
Solution of the Problem
In this paper, we solve our problem using SQP method. The main idea of using SQP algorithm to solve a non-linear optimization problem is that, at each major iteration, an approximation solution is used to simplify the original non-linear problem. Following this, a new linear quadratic problem is obtained. If the optimal solution can be obtained after this, the solution is the optimal solution of the original problem. Otherwise, the new solution is used as a new approximation solution and the iteration continues until the solution of the problem is obtained [22] . Therefore, when Equation (16) is solved, a positive definite approximation of the Hessian matrix of Lagrangian should be calculated by any quasi-Newton methods such as the BFGS (Broyden, Fletcher, Goldfarb and Shanno's Quasi-Newton) method. Then the quadratic sub-problem can be formulated as
This subproblem can be solved using the Wilson-Han-Powell (WHP) algorithm. The solution is used to form a new iteration: (X k+1 = X k + α k d k ), where the step length α k should be calculated by an appropriate line search procedure so that a sufficient decrease can be obtained [25] . Following this, the solution of Equation (16) can be obtained after several iterations.
In order to solve problem (16) , proper goals should be set. The stroke and bandwidth of MEA-FTS are in conflict with each other. Both of them are constrained by the power of MEA-FTS as follows
The power of MEA-FTSs are designed to be 3 kW. Based on typical applications, various goals for bandwidths and strokes are set. The solutions for each set of goals can be obtained using the SQP methods. Table 1 shows several solutions with various sets of typical goals, where f * represents the desired bandwidth; δ* represents the desired stroke; f represents the calculated value of bandwidth; and δ is the calculated value of stroke. Based on those results. According to the solutions, it can be concluded that MEA-FTS can be applied to realize FTS with different bandwidths and strokes to complete different types of workpieces. In this paper, MEA-FTS is designed to manufacture optical free-form surfaces with brittle materials. Based on our formal processing tasks and surveys, the optimization goals with a stroke of 50 µm and a first-resonant frequency of 3.5 kHz are chosen for building our MEA-FTS. The optimized MEA-FTS can process lens-arrays on brittle materials. For example, it can process the 50 × 50 lens-arrays with an aperture of 100 mm and sagittal height of 50 µm. According to the calculation of the SQP algorithm, the MEA-FTS should have a stroke of 51.2 µm and bandwidth of 3.584 kHz. The model of the MEA-FTS with optimized parameters then can subsequently be constructed. The goal attainment problem formulation allows the objectives to be overachieved. Therefore, the mechanical dimensions can be relatively imprecise with regard to the calculated solutions. This advantage allows for designing of the mechanical structures with the consideration of limitation of equipment and processing technique.
Results and Discussion
Finite Element Analysis Validation
Finite Element Analysis for Electromagnetic Field
In order to verify the optimized results, electromagnetic finite element analysis (FEA) was employed. The electromagnetic 3-D model with optimized parameters was built. The 3-D model is rotationally symmetrical and thus, a 2-D simulation model is used in the finite element analysis, which is shown in Figure 3 . Following this, the model was meshed with finite elements. NdFeB was loaded as the permanent magnet, which has an intrinsic coercivity of 1110 kA/m and a remanence flux density of 1.22 T. The exciting current was a sine wave with a frequency of 3.5 kHz and an amplitude of 160 A. Kool Mµ is chosen as the magnetic material of yokes and armature. The saturation flux density of Kool Mµ is 1.4 T, the relative permeability is 125. The boundary of this analysis is the natural boundary. The commercial software Maxwell is employed. The results can be solved.
Following this, the FEA results shown in Figure 7 can be obtained. The FEA can provide designers with the distributions of magnetic flux density and driving force. The distribution results indicated that the flux lines are consistent with the magnetic circuit designs and parameters. According to the FE analysis, the maximum driving force can be calculated as: 
Finite Element Analysis for Mechanical Structure
Based on the optimization results, a 3-D mechanical model was built to evaluate the stroke, stress distribution, and first-resonant frequency of the optimized MEA-FTS. The driving force which was obtained in the finite element analysis for electromagnetic field was loaded. According to the FEA results of the mechanical structure shown in Figure 8 , it is concluded that: (1) the stroke of MEA-FTS is 53.4 μm as shown in Figure 8a , while the first-resonant frequency is 3.857 kHz as shown in Figure  8c . Although the value of the FEA result is slightly lower than that of the optimized result, the design objectives of the optimization can still be satisfied. It can be speculated that firstly, the compromise with processing limits on dimensions leads to a difference between the optimization results and FEA results in the designs of mechanical structures. Secondly, the parts are considered as ideal rigid points in the optimization model, while the parts are considered as thousands of finite elements in the FEA model. (2) The distribution of equivalent stress is shown in Figure 8b . Therefore, it can be concluded that the stress mainly distributes in two flexures. Furthermore, there would be a stress concentration problem in the contact region between the flexure and the fixing bolt. Considering that the maximum stress in the MEA-FTS model is 277.42 MPa, a Mn65 spring steel is chosen as the flexure material.
According to the mechanical FEA results, the optimization model is able to achieve the design goals. The MEA-FTS can achieve a stroke of up to 53.4 μm (shown in Figure 8a ) and retains a bandwidth of 3.8 kHz (shown in Figure 8c ) at the same time. It cannot be ignored that the second resonant frequency is 25 kHz, which is shown in Figure 8c . Thus, if a proper control method is designed, the bandwidth of MEA-FTS can be extended to about 25 kHz. 
Based on the optimization results, a 3-D mechanical model was built to evaluate the stroke, stress distribution, and first-resonant frequency of the optimized MEA-FTS. The driving force which was obtained in the finite element analysis for electromagnetic field was loaded. According to the FEA results of the mechanical structure shown in Figure 8 , it is concluded that: (1) the stroke of MEA-FTS is 53.4 µm as shown in Figure 8a , while the first-resonant frequency is 3.857 kHz as shown in Figure 8c . Although the value of the FEA result is slightly lower than that of the optimized result, the design objectives of the optimization can still be satisfied. It can be speculated that firstly, the compromise with processing limits on dimensions leads to a difference between the optimization results and FEA results in the designs of mechanical structures. Secondly, the parts are considered as ideal rigid points in the optimization model, while the parts are considered as thousands of finite elements in the FEA model. (2) The distribution of equivalent stress is shown in Figure 8b . Therefore, it can be concluded that the stress mainly distributes in two flexures. Furthermore, there would be a stress concentration problem in the contact region between the flexure and the fixing bolt. Considering that the maximum stress in the MEA-FTS model is 277.42 MPa, a Mn65 spring steel is chosen as the flexure material.
According to the mechanical FEA results, the optimization model is able to achieve the design goals. The MEA-FTS can achieve a stroke of up to 53.4 µm (shown in Figure 8a ) and retains a bandwidth of 3.8 kHz (shown in Figure 8c ) at the same time. It cannot be ignored that the second resonant frequency is 25 kHz, which is shown in Figure 8c . Thus, if a proper control method is designed, the bandwidth of MEA-FTS can be extended to about 25 kHz. 
Experiment Tests
Verification experiments were carried out to validate the optimization results of MEA-FTS. The experiment was performed on a self-designed platform. The platform used for the MEA-FTS experiments is shown in Figure 9 . Operational power amplifiers were used to amplify the driving current to reach a current of 160 A. The current was applied to MEA-FTS to generate displacement. The displacements were measured by a laser sensor, which has a resolution of 10 nm, measurement range of 100 μm, and a bandwidth of 100 kHz. 
Verification experiments were carried out to validate the optimization results of MEA-FTS. The experiment was performed on a self-designed platform. The platform used for the MEA-FTS experiments is shown in Figure 9 . Operational power amplifiers were used to amplify the driving current to reach a current of 160 A. The current was applied to MEA-FTS to generate displacement. The displacements were measured by a laser sensor, which has a resolution of 10 nm, measurement range of 100 µm, and a bandwidth of 100 kHz. 
Experiment of Displacement
Experiments were carried out to measure the displacement of MEA-FTS under different driving currents. Based on the results, we can conclude that the displacement of MEA-FTS is linearly related to the driving current, as shown in Figure 10 . The maximum displacement in the positive direction is 25.42 μm when the maximum positive driving current is loaded. The maximum displacement in the negative direction is 24.13 μm when the maximum negative driving current is loaded. The maximum driving current in the exciting coils is 160 A. The stroke of MEA-FTS is 49.55 μm, which is slightly smaller than the optimization results. This is because we used a rubber pad to adjust the damping ration μ, in this experiment, which was larger than expected. 
Experiment of Frequency Response
A frequency experiment was carried out. Sine wave signals with different frequencies ranging from 0.2 Hz to 100 kHz were amplified to drive the actuator. Following this, the displacement of MEA-FTS was measured by the sensor. The frequency response experimental results are shown in Figure 11 . In the results, we found that the stroke became larger after the frequency of 3.2 kHz. Therefore, the first resonant frequency (bandwidth) is 3.2 kHz. The dropping of the curve from 22 kHz is due to the bandwidth of the power amplifier. 
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Experiment of Dynamic Response
A step response test was carried out to measure dynamic characteristics of MEA-FTS. The square wave was used as the exciting signal. The experiment results are shown in Figure 12 . Based on experiment results, we can conclude that: (1) MEA-FTS can be accounted as a second order elastic damping system; (2) the response time was 80.48 μs, so MEA-FTS can be driven to a maximum of 3.11 kHz with closed-loop control; and (3) MEA-FTS had no overshoot in its step response curve. Therefore, when it is applied in free-form machining applications, no over-cut problem will exist. The optimization goals are satisfied based on the experimental results. The optimization model proposed in this paper can be used to obtain design parameters of other FTS with a selected variety of strokes and bandwidths. MEA-FTS can be applied to fabricate free-form optics.
Conclusions
An optimized MEA-FTS is designed in this paper. The main characteristic parameters of MEA-FTS are chosen as the optimal goals of the model. The optimization problem is built on the electromagnetic model, mechanical model, and kinematic model of the MEA-FTS system under consideration of various constraints. The original problem is reformulated as a goal attainment problem. Following this, the SQP method is introduced to solve this multi-objective non-linear optimization problem. Several sets of goals with diverse applications were solved and the design parameters of MEA-FTSs were obtained. 
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An optimized MEA-FTS is designed in this paper. The main characteristic parameters of MEA-FTS are chosen as the optimal goals of the model. The optimization problem is built on the electromagnetic model, mechanical model, and kinematic model of the MEA-FTS system under consideration of various constraints. The original problem is reformulated as a goal attainment problem. Following this, the SQP method is introduced to solve this multi-objective non-linear optimization problem.
Several sets of goals with diverse applications were solved and the design parameters of MEA-FTSs were obtained.
In order to fabricate free-form optics with brittle material, a MEA-FTS was built. Based on the optimization results, the optimized stroke and first resonant natural frequency were 51.2 µm and 3.584 kHz, respectively. Finite element analysis and experiments were conducted to verify the optimization results. The final bandwidth is 3.2 kHz and the stroke is 49.55 µm. It can be concluded that the optimization model and SQP method can be used to solve the design parameters for a MEA-FTS.
